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We keep here the same notation as in the above-referenced paper. As written, the proof of Theorem 2.3 is not correct,
since the extension uε to the whole domain Ω does not belong to H2(Ω). Thus, when multiplying (2.3) by U+ and
integrating over Ω , there appears the term
∫
Γε
∂uε
∂ν U
+ dσ , which cannot be controlled. To correct the proof, it suﬃces
to construct a function uε ∈ H2(Ω) which satisﬁes
−uε + f (uε) β a.e. in Ω, (1)
uε  1− δ(ε) a.e. in Ω, uε|Γ = 1− δ(ε), δ(ε) ∈ (0,1), (2)
∂uε
∂ν
∣∣∣∣
Γ
= γ (ε), γ (ε) → +∞ as ε → 0+, (3)
where the positive constant ε will be ﬁxed below and δ(ε), γ (ε) are constants. Having (1), the function U = u−uε satisﬁes
the differential inequality
∂U
∂t
− U + f (u) − f (uε) w − β a.e. in Ω, t  0, (4)
where β is chosen such that w −β  0 a.e. in Ω , ∀t  0. Proceeding then exactly as in [1, Theorem 2.3], i.e., multiplying (4)
by U+ = (u − uε)+  0, we conclude that U+ = 0, hence u(t)  uε  1 − δ(ε) a.e. in Ω , ∀t  0, owing to (2) and (3),
provided that u(0) uε for ε small enough.
To construct the function uε , we need to assume, in addition to the assumptions made in [1], that the nonlinear term f
is strongly singular at 1, namely,
f (1− s) ∼ c+
sp
(5)
in the neighborhood of 0+ , c+ > 0, p > 1.
We now construct, in the spirit of [1, Section 3], a supersolution ψε to a proper elliptic problem in the thin domain
Ω \ Ωε = {x ∈ Ω, 0< dε(x) < ε}, where Ωε = {x ∈ Ω, dε(x) > ε} and dε denotes the distance to Γ . We assume that ε > 0
is small enough so that Ωε is well deﬁned (see [1]). We set
θε(s) = 1
ε2−r
s2 − 2
ε1−r
s + 1− εr, (6)
where the constant r satisﬁes
0< r < 1, (p + 1)r > 2. (7)
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1030 L. Cherﬁls et al. / J. Math. Anal. Appl. 348 (2008) 1029–1030We can note that, for p given such that (5) holds, we can always ﬁnd r such that (7) is satisﬁed. We then set
ψε(x) = θε
(
dε(x)
)
, x ∈ Ω \ Ωε. (8)
We have
ψε ∈
[
1− 2εr,1− εr], (9)
ψε = 1− εr on Γ, ψε = 1− 2εr on Γε, (10)
∂ψε
∂ν
= 2
ε1−r
on Γ,
∂ψε
∂ν
= 0 on Γε. (11)
Furthermore, there holds (see [1]) −ψε = − 2ε2−r − ( 2dεε2−r − 2ε1−r )dε , where |dε| is bounded independently of ε. Thus,
owing to (9) and noting that it follows from (5) that f (1 − cεr) ∼ c+cpεrp , c > 0, in the neighborhood of 0+ , we deduce
from (7) that we can choose ε small enough so that
−ψε + f (ψε) β (12)
a.e. in Ω \ Ωε . We ﬁnally choose ε small enough so that
f
(
1− 2εr) β (13)
and we set
uε =
{
ψε in Ω \ Ωε,
1− 2εr in Ωε.
It thus follows from (10) and (11) that uε ∈ H2(Ω) and we deduce from (10), (11), (12), and (13) that (1)–(3) are satisﬁed
with δ(ε) = εr and γ (ε) = 2
ε1−r , which ﬁnishes the proof (note that, for u(0) given, ‖u(0)‖L∞ < 1, we have, for ε small
enough, u(0) 1− 2εr , hence u(0) uε).
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